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sYpCWYW^Z`qhZ>WOXSpmc
Z�l
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Z>djXSab_egji x º-|,~} a c+a x _�y>q7W^Z>_5oYtYt¨¢�pCdjdvpC_�XSpCW�pC_+pC_�Z>_/¦%Z>djdfZzpCdvp x pCWBi�g'{%{B���bd �eZ>W�sYp
Z>djXSab_egji x lBgvc/Z>_�Z>iei x y>WYXSsYpCWËZmlrtY_eg x i�Z>d�y>_�Z>djXSab_egji x gvc+qBikoYtYtY_�y>q7W�pCdjgjX�ì���gjlSpCi
y>_�pCiei�W^Z>ieoY_edjgjXhi
i�Z>dYº�{ ¶ x º ·�Y¨pCdjdvpC_�y>_z�ey x WBi�sYpCdj�^Z>_ x pmsÎW^V>XSabi�\�pCdji�Z>d[_·�»�·�º©c�V`c+lbZ>_�Z } a RkY:¢�pCiei
c�y>qSpC_ei�tY_eg x i�Z>dH¦E��Z>WYW^Z>_+c�y>_�º¨pCiei�WB�Biei
tY_eg x i�Z>d
aB��\�lBg|c+lbZ>_�Z>_ } a R[º�{Y���bd �esYpCW:c+a x _�y>q7W^Zbc�oYtYt]Z�lGZ>djXSab_egji x pCW

Y=WNY=WNY=WN�=WNY=Wb�=WNY=W��=WNY<WNY=W:Y=WI[3[JWNY=WI[	�<W&V	V&V
gjWYW�pC\^V>djdvpC_zoYtYtY_+pCtYWYgjWYX[Z>_�Z�l]tY_eg x i�Z>dvpCi�å x pCW¨sYpCiei�Z�cetJpCdfZ>_�gjWYXSpCWn_+abdjd�{�¡�g�c�V>X
Z>iei�l7g�\^y>_5Z>W[lhy>W�sYp�ahc+c�Zml�pCW�sYpCdfZ>djXSab_egji x c+a x Zml7XS�b_5a x pCiei5i�Z>d�y>_5pCiei�tY_eg x i�Z>d�{� Ú�Ö:¡J¡J×@�hÕBßJ�[ÛEÕ5{«y>_ x y>WYXSsYpCW¨Zml:t^Z>_ u þ3W b v Zml]ç#oY_egjWYX x Zbceq7gjW�pC_qþ`aB��\�gjW;w
s�Z>i�Z b c�Vbs�Z>W^Z�Z>iei�þ�cei�Z>WYW^Z>_%pE~1i+pC_%y>W�s;djgjXhi x V>WYX[Z�cei+pCXzXhgjlSpCi b {(y�V>XSabi���lSpC_e_�Zbc&w
qbZ>W�sYp!y>_�sYpCWYW^Z x y>WYXSsOZ>djXSab_egji x gvceq7i5oYtYtY_�y>q7W�pCdjgjX�{;è#V>i;þ j lhZ>_�ZzpCW x Zbceq7gjW
c+a x
cei�Z>WYW^Z>_!~��b_�lhZ>_��&p�gjW�s�Z>i�Z;{)���bd �eZ>W�sYpkZ>djXSab_egji x XSpCW�pC_+pC_�Z>_�{%ì)��gjlSpCi u þ3W b W�� v �|a xg u þ3W b W�� v R [!celbZ>_�Z u þ3W b

v
��Z>WYW^Z>_+c�celhZ>_�Z u þ j W b

v
{;��WYdjgjXhi�ç|oY_egjWYXSc�c/Z>i+c%y>_�sYpCWYW^Z

x y>WYXSs�{ËgjW[i+p�Z�lBXS�b_e�^Z>_�{|}!pCiei�Z�l7gvc�Z>_�Z>iei�sYpCi�Z>djXSab_egji x gvc+qBizc�pCiei�y>_!dfy>iei�Z>_+p�Z>iei
_�y>qBW^Z�oYtYt:pCdvp x pCW[i+pCW�g#pCW x y>WYXSs�y>W]Z>iei�Zml7XS�b_�Z�a x pCiei�XhgjlSpCi
pCdvp x pCWBi�iegjdjdj\��b_
x y>WYXSsYpCW|{

��W�_+pCdfZ>iegvabW�t^V�W^Z>ieoY_edjgjX[Z�i�Z>d^y>_ ��Ô�Ög�mÙbÕ^Ú�ÔHÞ�Ü�a x sYpCWk��pmcei�y x c�Zml�dv�hce�^Z>_e\�pCi+pCW
\�ahc�pCWOlBgvc�c�}�gva>~�Z>W[iegvceqGpCq7lbZ>iegvabW|{Y��iei�pCWYqSpCdji�pE�;p x t�pCd#y>__·Èc+a x sYpCW�sYpE��WYgvpC_�Zbc
g�¢��S¦�a�lhZ>W|{|U�pC_�~�ab_ x pCdjdji�y>_�pCW ��Ô�Ög�mÙbÕ^Ú�ÔHÞ�Ü
âeÛm�jÙhÚ�Ô�ÖbÕ5�������
pCW©_+pCdfZ>iegvabW@c+a x
qbZ>W:sYpE��WYgvpC_�Zbc
XSpCW�a x
� u bCe W&V&V&VIW b � v º½¼"¾À¿ u ³=� e W&V&V&V	W�� a7� �

v
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Z>ieiq�'y>_�tY_+a>�epCqBiegvabW�pCWÈZ�lÌdv�hceWYgjWYX[Z>_eW^Z@iegjdjd�pCq7lbZ>iegvabW�pCW � R��©g!sYpO~��b_+cei�Z »
qSaBab_+s;gjW^Z>i+pC_eW^Z;{�}!pCi�y>_%g�tY_egjW��Cgjt x �>�&djgjXhi�Z>iei5XSpCW�pC_+pC_�Z�dv�hceWYgjWYX[Z>_eW^Z�iegjdjd)pCq7lbZ>iegva>w
W�pCW�XSpCW�a x pCW3ce�;cei+p x Z>iegvceq�i+pmc+ieWYgjWYX:Zml�ieoYtYtYdvpC_�¢�c+a x sYa7�+q]Z>dvs;_egjX�c+djoYi�Z>_/¦E{)Ï;V
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WYgjWYXSpCWrlSpC_eqhZ>_�lBgvsn~��b_+c+i�Z:Z>W[�Ydjgv��qSpCWªahc�Z>WYW�abdjgjq�{(U�pCWua x¸x Z>WrqbZ>Wrl7gvc�Z�sYpCiei�Z
\^Z>_ x Z>W�dv�hceWYgjWYXSpCW�iegjdjd(Í
gjdj��pC_ei+c�£��;ìíp�tY_+ab�Ydvp x ¢�c�a x ~��bd �epC_�W�pms�Z>W�¦E{

Å
pCdfZ>iegvabW�pCWq�ÉqbZ>djdfZbc�Û�²:¡;ÖbÕJÛCÕ^Ú�Ô�Û"���ÆÚ
��Ô�Ög�mÙbÕ^Ú�ÔHÞ�Ü�a x]� a7�+\��
~�V>_�lhZ>_�Z�XSaBs;i �7��q[w
djgjX[Z�i+pC_ x pC_��Ygjdvs�ZbsYp�Zml`lbZ>_egfZ>�YdvpC_��[qSabW�cei�Z>W[i+pC_ \<W	[h�BZbsYs;gjiegvabW|� x oYdjiegjtYdjgjqhZ>iegvabWGa7�+\
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a7�+\�zSoYdjgfZ�Å
a>w�YgjW�c+abW:\^ZbsYpzlBgvc�Z>i x �;�+qSpCi��JpCi �7sYpCdvc�pE~1oYdjdfZ�sYpCdj_+pmceoYdji�Z>i
t^V�lby>XSpCW x abi
dv�hceWYgjWYXSpCW
ZmlkÍ
gjdj��pC_ei+c�£��;ìíp�tY_+ab�Ydvp x {[ç%gjdjdvc�Z xkx Z>W�c x pmskÍ�gjdfZ>_e�k§�oYieW^Z x dj�;�+qhZbsYpmc�sYp�£�Çhê;£
lBgvc�Z
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gÆ~�_�V>W:}�gva>~�Z>WBiegvceq�{ ¦�Ò�tYt;~�Z>ieieWYgjWYXSpCW
�YdfZ>W�s:l7gvc+c�Z x Z>i+p x Z>iegjqSpC_!lhZ>_�Z>iei�aÑlbZ>W�cei�VbpCW�sYp�c�Z>i+c
gjW[i+p�\^ZbsYp�W^V>XSabi x pms]Í
gjdÆw
�JpC_ei+c
£��;ìíp�tY_+ab�Ydvp x Z>iei�XS�b_�Z;�(pE~1i+pC_+c�a x pE�;tJabW�pCWBiegfZ>dÆ~1oYWYq7iegvabW�pCWÎcetJpCdfZbsYp�pCW@c�V
�mpCW[ie_�Z>d�_+abdjd�{.zhoY_eg�U3Z>ieg �eZbc+pCl7gv��dj�;�+qhZbsYpmc�sYaB��q¨£�ÇJ|7£zXSp�pCW]}�gva>~�Z>WBiegvceq�sYpE��WYgjiegvabW
ZmlkpE�7t�abW�pCW[iegfZ>dÆ~�oYWYq7iegvabW�pCW|{[��W x pCi+a7skc+a x djgjXhXSpC_�W^y>_�Z�sYpCWkgY\^Z>W�c�oY_+cetY_eoYWYXhdjgjX[Z
dv�hceWYgjWYX�y>_�Z>iei�Z>WBlby>W�s�ZGcegjXOZml]_+�biei+pC_eW^Z
iegjdjd�§(pCdjdvc�pCq7lbZ>iegvabW|{
¶ x b
e W�� e�� \Gy>_
pCW�dv�hceWYgjWYX�iegjdjd b Á XH�s� Á R [h��c�Vky>_
y�lSpCW�Z>djdfZ b a W�� a XhgjlBW^ZkZ�l

b a c � aQ� � R u b e c � e�� � v a u º�R [�WNY=WN�=W&V&V&V
v

dv�hceWYgjWYX[Z>_�{�¡�y>d �&pC_ x Z>W b e W�� e � \@Z>iei�lhZ>_�Z©sYpCWªdv�hc+WYgjWYX@s�y>_ b e c � e � � y>_
x gjWYg x Z>d��Yc�V�qhZ>W x Z>W
l7gvc�Z�Z>iei u b�a W�� a

v
oYieXS�b_�c�Z x iedjgjX[Z�tJahcegjiegjlhZzdv�hceWYgjWYX[Z>_�{;}�pCi

y>_�dfy>iei5Z>iei�c+p�Z>iei�dv�hceWYgjWYX[Z>_eW^Z!lhyD�;pC_�pE�;t�abW�pCW[iegvpCdjdji x pms�º�{SÏBt�pm�CgvpCdjdfZ�pCXSpCW�ceqhZ>tJpC_
\�ahc�§(pCdjdvc5pCqBlhZ>iegvabW�~��b_��õR ` Á XÛ[h�bs�y>_ `�� Y;�bXS�b_�sYpCi�WBo x �>�ÐdjgjXhi�Z>iei�pC_e\^V>djdfZK� a
c+a x pCW�}�gva>~�Z>WBiegvceqBi�sYpE��WYgvpC_e�^Z>_�~1oYWYq7iegvabW�Zmllº�{b�Y_�V>W�sYpCWYW^Z�~�oYWYq7iegvabWkqbZ>W�c+pms�Z>W
sYpCW�lhZ>WYdjgjX[Z
pE�;t�abW�pCW[iegfZ>dÆ~�oYWYqBiegvabW�pCWkpC_e\^V>djdfZbc�{>�
abW�ceie_eoYq7iegvabW�pC_eW^Z�y>_�gjW[ie_egjqhZ>i�Z;�Dc+p
¢�Ï x ab_e�.Æ�ceq7g�£�ÇhÇ;£Ñ¦5~��b_�pCW:sYpCi�Z>d �epC_�ZbsG~�_�Z x cei�y>djdjWYgjWYX�{
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}!pCiei�Z¨l7gvc�Z>_�Z>iei
cei+abtYt x y>WYXSsYpCW]{Ày>_�}�gva>~�Z>W[iegvceq�{�Í�oYlBo�s;_+pmc+oYdji�Z>i+pCi�~��bd �&pC_
s�y>_ x pms]ZmlOZ>iei
cei+abtYtY_+ab�Ydvp x pCi!y>_
aSZml7XS�b_e�^Z>_ei�ì

£ ý�ü���&�ó�ú;ô�ó¥¤ Ô��vá+ÛEâCÚ1Þ¥¦�§��1ÛO¡�âeÖ[ám�vÛE× �bâ�Ö�Ùbà/ßJ�hâmáeÙhâEÚ�ã
£��



R ü ê±þ	æ,�&þIÿ/ê ë&êEê è_ë	ÿ��&ë	ÿsë � $&JIægëR�/è ü êEê;�gN)�Eê ü è ë � ìýçéÿ��Eþ	ægë ü � � ë	ê6çM�Iÿ ü æ�*
ë	æ ü ÿ
* ü ìòêgë	ìQ�EìMJ&�6ÿJçéÿ�$482hY�&�IÿAê6ægë��Eê®ê çýìéì�% ü ê6ê ë � çM� ë	æ6�6ë	ê�� ü ÿµë	êEê/% ü ê�çéÿAê ü þ	æ�è6J5��ìéç $IêKë	êEê
ë � $�J/æ ëp�Iè ü êEêYF�¨·FC?A:�=£ä � ÅïÝJÍ�������Í�ä3©ïÅHÝ_ë � ëIÿ4%3ægë5$Iægë�%4� ü � � ë	ê6çM�Iÿ ü æCè ü %�ª ü æ ë
�&! ü �"ëIÿAê ëKþ	æ�ìMJ&�	!
ë	æ6ê�8�R ü ê6ê ë ü K ê ü æ��	�Iè ê ü æ è ü æ´ë � *�J�$/æ ü ê	�Iê ë	ìM$Iægë�%9ç ü ÿ ü � � ë&ê6çM�Iÿ«¦Å Ý¦�&ë	ÿ ü æ�� þ&ê6ê ë��9ë � ëIÿ4%3ægë5$/æ ë&%���ê ü æ è ü æ�ê6çéìýì;�&�&�Eê6ÿ
ë&% ü ÿ£ë � ë&ê6ê9çéÿ K JIægëÛÿLN/ë
� ë	æ çÃë5!Jì ü æ2�)(�* ü � � ë	ê6çM�Iÿ ü æ�8)�}9 U�ü èKå ü ì�-	ìMJ&�	!
ëIæ	* ü ê ü ÿp*��O��c3¬0­!ÚOä^ÅHÝ þIæ ü � � ç � ë	ì ü ÿAê
è ü %ZìMJ&�	!
ë	æ�* ü ê ü ÿY*4�&�7�	NL�Eê ü è ü ê�xLu.ÚOä_ÅHÝJÍ	x¯®pc � Å£Ý
Í	u
®pc3­ZÅ¦Ý;%JþIæ2xp�L(�*�u±þ	æ
ÿLN/ë � ëIæ6çÃë5!Jì ü æ^8 �
R ü êEê ëR�gN)�Eê ü è{þIæ
çI�EçéÿKê	�Jæ ü � � ç � ëIì ü ÿAêCè ü %/% ü ÿ ü ÿ.%Jë ü � � ë&ê ç �/ÿ ü ÿ
ä � � Ú±°b°b°3Úµä �e ÅóÝ�0 � çýìM� ü ê�! ü êsN)% ü æ_ë&êEê³² çýìM! ü æEê��l²�´�- ü åJæ	�&!Jì ü èõþ	æ6�/ë � $&JIæ�!
ë	æ6ê
K J/æ K �EþIæ�% ü $Iægë�%4�Eå1�IìMN�ÿ��Iè"8
µVJ/æ ü ÿ¦ë	ÿ4%Jæ ë�$Iægë�%�� ü � � ë&ê ç �/ÿ7è ü %�ª ü ægë��&! ü �"ëIÿAê ë7þ	æ
%)�)(��_ìMJ&�	!
ë	æ�* ü êxë � $�J/æ	!(ë	æ^81�HR ü êEê ë6!LNL$�$ ü æ¬å4# ü ê6ê,%·�s�Jå3ê´æ ü �	�Jìýê ë&ê´ë �¥¶ 8 3A�`84��ç ü $ ü ì
K æ�#	ÿ/²^¶¸·�´)8 �f_
ë�%p$/þIìýì ü æ�ê6æ ü %·� ü $Iægë�%�� ü � � ë&ê ç �/ÿ ü æ2êsNL(��)��åJæ���!Jì ü è ü ê K �Iæ6ê K ëIæ ëIÿ4% ü � ëIæ ë
J/åJå ü êY����è6�Iæ�NW¹4�	�Aç7²^¶�¶4²^�C8

}!pCi���WYW�c�y�lSpCW:t�ahcegjiegjlbZkqSabW�c+pCqBlSpCW�c�pC_�ZmlOU3Z>ieg �eZbc+pCl7gv�mc�_+pmc+oYdji�Z>i�{����Yp x tJpCdÆwlBgvc���WYW�c`sYpCi�pCiei`t�abdj�BW�a x ¢ u b e W&V&V&VIW b a
v
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\b�ey>djtOZml�tJabdj�7W�a x �;abdjgjqB\�pCi+pC_%aB��\GdvabXhgvceqbZ
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Ê�pCie_�Z>q7i�Z%~�Z>djdvpCi#s�V õ y>_#pCiei|t�abdj�BW�a x oYi�Z>W x oYdjiegjtYdfZ
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� u b v X�ÿ ��� ·��JV
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� ûYú�÷Jô	�^ÿ>òBü�ø�önø�÷(ú;ôÑø��J÷ ø���ÿDúF��ôÑø��^ò7÷�ð ��lhZ>W[i+ab_+pCdjg x gjW^Z>iegvabW�c x pCi+aBsYpCW@~��b_!_+pmpCdjdfZ
i�Z>d�qbZ>W3tY_+abXh_�Z xkx pC_�Zbc�~��b_!�Y_eoYq:t^V
t�pC_+c+abW�s�Z>i+ab_+pC_�{)}!pCi!��WYW�c�pCieizZ>W[i�Z>d�pE�;tJpEw
_eg x pCW[i+pCdjdfZ3g x tYdvp x pCWBi�Z>iegvabW�pC_�¢ é Zml7gjW�pmc+cka7�+\½zSab\YW�c+abWÈ£�ÇhÇ3�S¦E{�Ï;Vbs�Z>W^Z�_eoYiegjW�pC_
gjWYX[V>_�ymlSpCWÎg%sYpCi�t�abtYoYdfy>_�Z3s�Z>i+ab_�Z>djXSpC�Y_�Zbce�;cei+p x pCi���ÙSÚ��;ÛE×�ÙhÚ�ÔÀ�+Ù©¢�ÏBie_�ü�pC�JabW�c+qBg
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<< Developer‘ ; << Experimental‘ ;

In[4]:=

Resolve@ForAll@8a, b, x<, a £ x && x £ b && c Î Reals,Hx - aL * Hb - xL £ c Hb - aL^2D, 8c<D
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